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In this note Schlafli’s integral for the Bessel coefficients of one argument has
been extended to the generalized Bessel coefficients.

1. INTRODUOTION AND DEFINITIONS

The generalized Bessel coefficients J:,I,){xn}, Jf,’{x,,} and the generalized

modified Bessel coefficients I,(,lz’{xn}, Ii,z,){xn} are successively defined by the

equalities (Gupta 1964, 1966)
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valid for all finite values of #’s and u provided » % 0.
Integral representations of these coefficients are given by
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where m = 0, +1, £2,....

The coefficients Jﬁ;’{x,.}, Jﬁ){x,.} are generalizations of Jn(x;) and Ig){x,.},

Iz){w,,} are the generalizations of I;s(2;). On comparison it is found that

IPzy) = e dmmigOfp gdnmsy  [W(g ) = o—dmmigOfy dnnd) —  (g)

Integrals similar to Neumann’s form for J,2,,(x) have been given for

(T @n}s (T2aa})?, (I0{2n})? and (I24wa})® by Gupta (1964). In what follows

certain other integrals similar to Schlifli’s form (Watson 1944) for J%(x) are

given.

2, INTEGRALS
From (5) we have
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Jf,l,){xn}Jf)m{wn} - .4%2‘[ f ezm(f—-n)—le(sm £+sin g)— ... —dxs(sin nf-sin ny) dt dn.
v —m

In this, on making the transformation £—» = 20, £4-n = 24, it follows that
1 2mif — 24 1 f— ... —24x, si 8
Jg){xn}'](_l)m{xn} = 5'”__2 ff ¢ m 1%, sin ¢ cos 1Ty sin g cos ni d¢ do

where the field of integration is the square for which
—r K- <7, —7LO0}PpL 7.

Since the integrand of the last integral is unaffected if both 8 and ¢ are
increased by =, or if 0 is increased by = while ¢ is decreased by , therefore,
the field of integration shall be taken as a rectangle given by

0K<IKT, =<,

Hence
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From (1)-(4), on readjustments, we note that

IO} = JU (g} = (=1 (=12} .. .. (12)
T wp} = JO ((—D)tam) = (—1)WIDH(=1)mzs} .. .. (13)
193 = 19 (2} = (=)mI D=1z} .. .. .. (14)

Iy} = 1P {(—1)p+1zy} = (=1)I2{(—1)m2n} . .. (1)
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Thus, in view of (12), (11) gives
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In a similar manner the following results are obtained
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Results (11) and (16)—(23) give the required integrals of the Schlifli’s form.
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